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My Goal

To analyse a pluralistapproach
to classical, intritionistPricestent

logics from a properly proof-firstperspective.

This continues thework of my paper,I "Pluralismal Proofs"Erkenntnis 2014.I
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Think ofaproofof tas a refutation
of the assumptions, ratherthan a

proof ofa special kind ofstatement.
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What is distinctive
about constructive proof ?

How can we understand the

classical/ intuitionistic boundary?
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To reason constructively, you
could avoid thedeal rules.

But ...why?
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Two forms ofdenial.
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Let's take contexts tobe warrants,
as seems appropriate, constructively.
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let's step back . . .
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Modal Reasoning
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(here , i is appropriately
arbitrary - e.g

not

present in the assumptions)

we can understand the
'
world

'
labels thickly ( in terms of

a prior understanding of worlds), or thinly ,
as discourse markers

.



Let's grantthatI is necessary.
Now, suppose

things had gone differently.
Then (since

P is necessary) regardless, we havep
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Breaks down

Classical proof here .

The -I step is classicallyfrom up to p .

acceptable but not so ,
constructively .
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>I rule look like?



Invert it !
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easy if we
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There is a lot we can do

with tagged proofs of
this form ,

and classical
,

intuitionistic
, ¢ paraconsistent

relevant logics are well
-

suited to this framework .
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Option 1 Unique best match between

everyday deductive reasoning
¢ a proof formalism ,

ta↳¥ 1-bi.apwah.ba
of rules, relative to sets ofrules possible,

formalising different
norms of deductiveNOT REALLY PLURALIST, proof.or only very weakly so .
This option IS PLURALIST



GAMMEL: UNTAGGEDPROOFS EXAMPLE ] : TAGGED Proofs

I 2

[p ] #
in 7pmput
it

' TE Canst

TP Tp
ath Causa

TE
Const

1- 1-

tip

The -I step is classically Consistency holds constructively ,
acceptable but not so , but notsirapwacaisstut
constructively . logic .



You can model all the way up to classicd
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logic from the 1- foundation with
two extra primitives

cons ✗ ✗ 1- ✗
Cons E Cons I

1- Cans ✗

Camp ✗ # AT
campE

Camp ✗
CoupI

✗1-
y



Campi
z

[pj.fi Compx # Ipyj
Compton

arty1-
II

'

77Pa 7pm

>I
"

TIP TP1E IE (ons'I

1- Rtn Constant
tip 1-

put
'

Is one of these better aruore deeply
logical than the other ?



Option 1 Unique
'

best match between

everyday deductive reasoning
¢ a proof formalism .

Option2 There is a plurality of levelsof
formal analysis of everyday
deductive reasoning , each of which
gets at different norms of deductive
proof .



Options 1-b of 2 both have virtues .

Both are kinds of pluralisms about

proof of deductive logic .

This framework gives us different ways
to explore logical pluralism .



HE UPSHOT

· AFLEXIBLE&UNIEE) proof-theoretic framework
/

encompassing classical, constructive paraconsistent)
relevant logics.

· ANewAwacEfromwhichtoview the difference between
classical, constructive a paracensistent/relevant validity

· Nw QUESTIONS aboutwhether thereis onebest level

of analysis ofthe"structure ofa proof.


